CnpaBOYHBIH MaTepHaA AASI MOATOTOBKH K EI'D
Tabnuua xeadpamoe

az? (0] 1 2 3 4 5 6 7 8 9
10 100 121 144 169 196 225 256 289 324 361
20 400 441 484 529 576 625 676 729 784 841
30 900 961 1024 1089 1156 1225 1296 1369 1444 1521
40 1600 1681 1764 1849 1936 2025 2116 2209 2304 2401
50 2500 2601 2704 2809 2916 3025 3136 3249 3364 3481
60 3600 3721 3844 3969 4096 4225 4356 4489 4624 4761
70 4900 5041 5184 5329 5476 5625 S776 5929 6084 6241
80 6400 6561 6724 6889 7056 7225 7396 7569 7744 7921
90 8100 8281 8464 8649 8836 9025 9216 9409 9604 9801
100 10000 10201 10404 10609 10816 | 11025 11236 | 11449 11664 11881
110 12100 | 12321 12544 | 12769 | 12996 | 13225 | 13456 | 13689 | 13924 | 14161
120 14400 | 14641 14884 | 15129 | 15376 | 15625 | 15876 | 16129 | 16384 | 16641
130 16900 | 17161 17424 | 17689 | 17956 | 18225 | 18496 | 18769 | 19044 | 19321
140 19600 19881 | 20164 | 20449 | 20736 | 21025 | 21316 | 21609 | 21904 | 22201
150 | 22500 | 22801 | 23104 | 23409 | 23716 | 24025 | 24336 | 24649 | 24964 | 25281
160 | 25600 | 25921 | 26244 | 26569 | 26896 | 27225 | 27556 | 27889 | 28224 | 28561
170 | 28900 | 29241 | 29584 | 29929 | 30276 | 30625 | 30976 | 31329 | 31684 | 32041
180 | 32400 | 32761 | 33124 | 33489 | 33856 | 34225 | 34596 | 34969 | 35344 | 35721
190 | 36100 | 36481 | 36864 | 37249 | 37636 | 38025 | 38416 | 38809 | 39204 | 39601
200 | 40000 | 40401 | 40804 | 41209 | 41616 | 42025 | 42436 | 42849 | 43264 | 43681
Tabnuua cmeneneu
a* |1 | 2 3 4 5 6 7 8 9 10
2 2|4 8 16 32 64 128 256 512 1024
3|3 1|9 27 81 243 729 2187 6561 19683 59049
4 (4 |16 64 256 1024 4096 16384 65536 262144 1048576
5[5 |25 ]| 125 625 3125 15625 78125 390625 1953125 9765625
6 |6 |36 | 216 |1296 | 7776 46656 279936 1679616 10077696 60466176
7 |7 |49 | 343 | 2401 | 16807 | 117649 823543 5764801 40353607 282475249
8 |8 |64 | 512 [ 4096 | 32768 | 262144 | 2097152 | 16777216 | 134217728 | 1073741824
9 |9 |81 | 729 | 6561 | 59049 | 531441 | 4782969 | 43046721 | 387420489 | 3486784401
10 |10 {100 |1000 {10000 [{100000 [1000000 | 10000000 | 100000000 |1000000000| 10000000000
11 |11 (1211331 [14641 (161051 (1771561 | 19487171 |214358881 |2357947691|25937424601
12 |12 (1441728 |20736 |248832 (2985984 | 35831808 |429981696 |5159780352| 61917364224

(a—b)a+b)=a® —b*> — pa3HOCTb KBaIPATOB;

DPOPMYNbL COKPAULEHHO20 YMHONCEHUSL
a’+b® =(a+ b)(a2 —ab + b2) — cymMMa Ky6oB;
(a-b)’ =a® -3a’b+3ab? - b°® - Ky6 pasHOCTH;

(a—b)’ =a® —2ab + b*- KBazpaT Pa3HOCTH;
(a+b)’ =a® +2ab + b>- KBazpaT CyMMBI;
a’-b®=(a- b)(a2 +ab + b2) — pasHOCTE Ky60B; (a—b)° = (b -a)’- KkBagpaT pasHOCTH.

1. ja-b=|pb-a

2. \/a_2:|a

K

K

3. (x/a)zza, a>0;

Modyne uucna |a| = {

(a+b)’ =a® +3a*b+3ab? + b*> - Ky6 CyMMbI;

a, ecau a >0,
—a, ecau a < 0.

Ceolicmsa mMo0yas

2

4. |al

5. |f<a < -a<x<aq,

6. |x>a & x>2a ww

2

=a;

a=>0;

x<-a.



YpaeneHust u HepaeeHcmea ¢ mooynem

5. |f(x)<lglx) & (Fl) <(g(x)f" = (flx)-gle)f(x)+glx))<O.

ITocnedoeamensrHocmu u npoepeccuu

IIporpeccus ApudmerHnueckasn IF'eomeTpHYeckas
dopmyaa n-ro uaena, n € N a,=a, +(n-1)-d b =b,-q""
PexyppenTHas cdhopmyaa a,, =a, +d bpa=b,-q
XapaKTeprCTquCKoe Apy Ay _ a b, b . =b2, b %0
CBOMCTBO 2
S =a1+an.n Sn:bl_bn'q
dopmyaa CyMMBI n IIEPBBIX " 2 l-q
YAEHOB s, :2a1+(n—1)d'n s, _b 1—qn)
2 1-¢g
a —a n-m
JlomoAHUTEeABHBIE (POPMYABI ~—=d, n#m b, :b,=q
n-m
b,
BeckoHeuHo yObIBaroIias reomerpudeckad nporpeccud 0 < |q| <1, S= 1 — hopMyAra CyMMBI
-9

Memoo koopounam Ha niockocmu
[last BEKTOPOB @ = {x,, y,} u b = {x,, y,} UMer0oT MecTO neificTBHU:
1) caoxkenue d+b={x, +X,; Y, +Y,};

2) BRINMTAHME G- D = {X, — X,; Y, — Yy };
3) yMHOXXeHMe Ha uucAo k-d = {kx,;ky, }.

A
CranapHoe npousgedeHue gekmoposg: a-b=x,-X, + Y, Y, = |d| . ‘b‘cos (d; b] .

- q-b X X, +Y, Y A
cos|a;b |= @ — = L 2 A J2 y
( ] |d|‘b‘ \/x12+y12'\/x§+y§ B(xB: yB)

Znuna eexmopa d : |d =x} +y; . AB
Ilyctb 3amaHbl TOYKH A(x Y A) u B(xB, yB), TOrAa

Koopouramet gekmopa: E{xB — X, Yg —Yal- Alx,, yy)

=Y

X, +x + 0
Koopduramot cepedursbt ompeska AB: x,, = —2 5 By, = %

Paccmosarue mexoy moukamu A 1 B (manHa BeKTOpa @): AB = ‘E‘ = \/(xB - X, )2 + (yB —Ya )2




TpuzoHomempus

2 22 7. . _1- —
1. cos a+'sm a=1; tga-ctga=1; 13. cosa+cosﬁ:2cosa+ﬁ-cosa ﬂ;
sina cosa 2
2. tga= ; ctga =———; .a+B . a-p
colsa Slm"‘ 14. cosa —cos B =-2sin 5 -sin 5 ;
3. tga= ctga = —; ;
ctga tga 15. tgaitgﬂzm;
) ) . , cosa-cos 3
4. +tg a = ; +ctg a = —; ; _
g cos? a 9 Sina 16. sin? g — 1-cos2a . cos®a = 1+ cos2a ;
5. sin(aiﬂ): sina-cos S+tcosa-sin f3; 2 2
6. cos(aifo’)= cosa-cos ¥ sina-sin f3; 17. sina-cos B = l(sin(a+ﬁ)+sin(a—ﬂ));
7. tglat g)=_9FEWB . f
©PEs 1¥tga-tg B’ 18. cosa-cosﬁza(cos(a+ﬂ)+cos(af—ﬁ));
8. sin2a=2sina-cosa; 1
9. cos2a =cos’a-sina; 19. sina-sin B = E(cos(a—ﬁ)—cos(a+ﬁ))
10. cos2a =2cos*a—-1=1-2sin«a;
2tga ctg’a -1 20. |sin | = ,—l—cosa‘ Ll ,—1+cosa_
11. tg2a = g2 ; ctg2a:g—; 2 2 ’ 2 2 ’
1-tg°a 2ctga . .
+ 8 a¥ B 21. tgg - _sne . Ctggz—szna .
12. sinaisinﬂ=2sina; cos = 2 1l+cosa’ 2 1-cosa
Tabnuua 3HaueHUil mpuoHomempuuecKux pyHrKuuii
o s 4 4 s 2w | 3w | 5w 7m | 57 | 4w | 3w | 5w | 7w |1lmw
’ 0 - = = |7m | —|—|—=|—=|=|— |—| 2
pad 6 | 4 |3 |2 |3 |46 6 | 4 |3 |2 |3 |46
a,® | 0° | 30° | 45° | 60° | 90° |120°[135°(150° |180°|210°|225°|240°|270°|300°|315°(330°|360°
, 1 V2 |3 V3 V2| 1 1| V2|43 V3| V2| 1
sina| 0 - | == 1|=|=] = o |- - F—]-—| -1 |-—|-—|-=- 1| O
2 2 2 2 2 2 2 2 2 2 2 2
V3 |42 | 1 1| V2| 3 V3| V2| 1 1 (V2|43
cosa| 1 | —=|—= | = 0O |-— -—=-—| -1 |-—|-—=|--1]0 - | = =11
2 2 2 2 2 2 2 2 2 2 2 2
1 1 1 1
t 0 |—F#=1| 1 3| - |-v3| -1 |-—F=| 0 |—F=]1 3| - |-v3| -1 |-——F/=| O
ga g V3 NE] NE] J3 NE)
t V31 L I S V3 V31 LI B S V3
ctga | - - -—=| -1 |- - - -—= -1 |- -
J J3 V3 V3 V3
PeweHue mpuzoHomempuuecKux ypaeHeHUul
JacmHule cnyuau
Ypaenenrue Obwee peweHue a=0 a=1 a=-1
x =(-1)" arcsina + nn
) unu T 1
sinx=a . X =Tn X =—+2nn X=—-——+2nn
X, = arcsina + 2nn 2 2
[xz =mn —arcsina + 2nn
x =tarccos a + 2nn
unu
cosx=a x, = arccos a + 2mn X=—+Tn X =2nn X =T+ 2nn
X, = —arccos a + 2nn
18 T
tgx=a X =arctg a+nn X =Tn x=Z+7m x=—Z+n:n
T 3
ctgx=a X =arcctg a+nn X=—+nn x:Z+7m x:T+7m
20e n € Z (Z — MHOXECTBO LEABIX YHCEA: ..., -4, -3,-2,-1,0,1,2,3,4, ..)




Ceoilicmea uemHoCcmMu u HeueMHOCMU Mpu2o0HoMempuUecKux PyHKuui

cos(— x) = cos x - uemnas
sin(- x) = - sin x - HeuemHas
tg(— x) = —tgx—- HeuemHas
ctg(— x) = —Cctgx— HeuemHas

arccos(— x) = — arccos x
arcsin(- x) = —arcsin x
arctg (— x) = —arctgx
arcctg (— x) =T —arcctgx

Obpammnule mpuzoHomMempuuecKkue (hyHKuuu
arcsina =t, te {—g; %}, sint=a, ac [— 1; 1] arctga =t, te (—g; gj, tgt=a, aeR

arcsin(sint) =t, te {— E; E}
2° 2

sinarcsina)=a, ae[-1;1]

T T
tg(tgt)=t, te|-=. 1
arctg (tgt) E( > 2)

tglarctga)=a, a€R
arcctga =t, te (O; n), ctgt=a, a€eR
arcctg (ctgt)=t, t < (0; m)

arccosa=t, te [0,' n], cost=a, ae [—1; 1]
arccos(cost)=t, te [0; 7]
cos(arccosa)=a, ae[-1;1] cty(arcctga)=a, aeR

PopmynvL npueedeHuUst

sin| gitjzcost cos gitjzismt tg(—itj=+ctgt ctg %itjzitgt

sm(n + t) =+sint cos(n * t) =—cost tg(n + t) =*tgt ctg(n + t) =*xctgt

sin| 3—nit = —cost cos S—Eit =tsint t 3—nit =Fctgt ctg S—Eit =Ftgt
2 2 2 2

sin(2m + t) = £sint cos(2m + t) = cost tg2m £ t)= +tgt ctg(2m + t) = +ctgt

3Haxu mpuzoHomempuueckux pyHKuui
\ y
4R /-
-/ NI
tg ¢,

cost
IToxazamenvHble YypaeHEeHUSL U HepaeeHCMEea

1. a’® = g <§:1> f(JC) = g(x). M o o M )
a a(x) =1, 7 a) _ gprx) ~ 0 h(x)— p(x) <0.
2 (a(x))f(x) = (a(x))g(x) < | [a(x)>0, " "
{f(x - g(x) @)™ > (@l =

af(x)_ag(x) a — x)— X
S R B (D T ofe 20
o @t (a-1f()-gl) _ e
h(x) h(x)



Kopenv n-oii cmenenu

Q/E:b, b"=a, 20e a>0, b>0, neN, n>1

Ceolicmsa KopHsL n-oll cmeneHu

Cmenenu

P
a? =%a?, 20e a>0, qeN, peZ
Ceolicmsa cmeneHu (Onasn € R, K€ R)

. ”\/ab:%-%, 20e a>0, b>0; 1. a’=1, 20e a #0;
n 2. alza;
. ri/gznﬁ, 20e a>0, b>0; 1
b b 3. a'==, 20e a+0;
a
. (%)k:”\/ak, 20e a>0; 1
4. a"=—, 20e a#0;
. Nfa =%a, 20e a>0; a"
5. a"-a* =a™";
npl _kp _ nf_k ’
. va’® =%a 20e a>0;
> ’ 6. a":a"=a"", 20e a=0;
al, n—uemHo,
. ”a”:{ 7. (a”)k:a”k;
a, n—HeuemHo ; b — (ab)"
8. a"-b"= ;
. Y—a=-=a, n-neuemmo ; . n
a a
E 9. —=|—|, 20e b=0;
. a” =¥a", 20e a>0. b" ( )
a b

0.

3

J , 20e a=0, b#0.

HppauyuoHanvHble YpasHeHUSL U HepaeeHCcmeda

g(x)=0, flx)zo,
,/fixiz,/gixi = { = {
f(x)=glx) f(x)=g(x)
g(x) 2 O: i X)< O,
i -alo) = (9077, o<
f(x =g (x) 5 \/ﬂ;) S g(x) o f(x) 20;
{f(x) =0, ‘ {g(x) >0,
20 o g<(X>)¢°; o> o't
g\x f X) > 0) f xX)= O,
6. /f(x)<.Jg(x)
{g(x) > 0. Jlx g} < {f(x) < g(x).
g(x)>0, {f (x)=0,
7. ,/fixi<,/gixi =
flx)<glx) & (f(x)20, flx) < glx).
f(x)< g*(x)
Aozapugpm
log,b=c, a“=b, tme a>0, a#1, b>0.
OcHogHoe noeapugmuueckoe moxoecmso: a > =b.
Ceoilicmea nozapugpmoe
log,1=0 6 log . a™ = * 11 log . b™ = mloga b
log,a = 7 | log.(ab)=log.a+log, b |12 alsb = plosa
log, —=-1 8 log, (Ej =log,a —log, b 13 log, b = log. b
b log.a
lo a=l 9 lo b=llo b 14 log, b = L
g .+ i 9 o+ i Ya “" log,a
log,a™ =m 10 log, b™ =mlog, b 15| log,b-log.d=log b-log,d




AozapugpmuuecKue ypaeHeHUsL U HepaseHCcMea

ITpu ycnoeuu f(x)>0, g(x)>0, a(x)>0, a(x)=1, h(x)>0, h(x)=1, p(x)>0, p(x)=1
8bINONHAIOMCS C/ledyrouiue nepexoosl:

1 | log, f(x)=log, g(x) flx)=glx)

2 | log,, f(x)=1log,, 9(x) flx)=glx)

3 | log, f(x)>0 wlu(<0, >0; <0) (@-1)f(x)-1)>0 unu (<0; >0; <0)

4 | log,, f(x)>0 unu (<0; 20; <0) (a(x)-1)f(x)-1)>0 wau (<0; >0; <0)

5 | log, f(x)>log, g(x) unu (<; >; <) (a-1)\f(x)-g(x)>0 unu (<0; >0; <0)

6 | 10g, () f(x)>log, g(x) unu (<; 2; <) (a(x) - 1)(f(x) - glx))> 0 wnu (<0; >0, <0)

|09, alx)~10g,.,alx) > O (@)~ ()~ 1plo) - o)~ ) > O

unu (<0; >0; <0) unu (<0; >0; <0)

logy, . flx)- log (. glx)>0 (f () - Nglx)-1) >0 <

8 | | u(<0; >0; <0)| (h(x)- 1)Ep§x;— 1; >0 unu (<0; >0; <0)

flx)-1

o | 19l o (c0; 20; <0) ()=o) - ) p() -1~ °

log ,x) g(x) unu (< 0, 20; < O)

CoomHoweHust 6 nNpasulbHblX MHO20Yy20/1TbHUKAX

n| S| Ra | ra) | afr) | a(R) | R(r) | r(R) | S(R) | S(r) | Pla) | P(r) | PR) | h(a)
V3| @ | @ R |3V3R? av3
A | | 3 2V3r | RV3 | 2r | < 7 3v3r2| 3a | 6v3r |3RV3 —
a? % % 2r RV2 | m/2 % 2R? | 4r2 4a 8r | 4vV2R -
3a%/3 a3 | 2r 2r | RyV3 |3V3R? 5 _
OFF « TG R |G| 5 Pa s e o]«
ObosHaueHus

a — CmopoHa NPasubHO20 N-Y20AbHUKA
R — paduyc onucaHHOU 0OKpY;KHOCMU OKON0 NPABUSIBHO20 N-Y20/IbHUKA
r — paouyc 8NUCAHHOU OKPYIKHOCMU 8 NPABUNIbHBLI N-Y20lbHUK
S — nowads NPasuUNIbLHO20 N-Y20bHUKA
P — nepumemp npaguibHO20 N-Y20abHUKA
h(a) — svicoma, nposedeHHasL K CMOPOHE NPABUNBLHO20 N-Y20lbHUKA
Teopus eeposmHocmeii
BeposimHocmbio cobbimust A HA36LBAIOM OMHOWEHUEe UUCIa m 61azonpusimemesyrouux 3momy

cobbimuro ucxoooe K O6U4,€My uucny n ecex pasHOBO03IMONKHbLX Hecoemecmumblx CO6bLmLLL7,,

o m
KOMOopble MO2Ym NPOU30iMmu 6 pesyibmame 00H020 UCNbLMAHUS AU Habnroderus: P(A)=—.

n
(ITycms k — Konuuecmso 6pockog MoHembl, M020a KOAUUECME0 8CEE03MOKHBLX UCX0008: n = 2.
ITycmos k — konuuecmeo 6pocko8 Kybuka, moz0a KOAUUEeCma80 8CE803MOAHBLX ucxodos: n = 6")
Csoticmeo 1. BeposimHocmb 00CmogepHoz0 cobbimust pasHa eduHuUue.

Csoticmeo 2. BeposimHOCMb HE803MOXKHO020 cobblmust pasHa HYJO.

Csoticmeo 3. BepossmHocmb cayuaiiHoz0 cobblmusi ecmb NOoJIoJKUMeNbHOe UUC0, 3aKAUEeHHOe
Mexdy Hysem u eduruyeii 0 < P(A)<1.

Teopema crosxenus geposmrocmeii Hecoemecmmbix cobbimuii: P(A + B) = P(A)+ P(B).
Teopema croskenus geposmrocmeti coemecmubix cobbimuii: P(A+ B)= P(A)+ P(B)- P(A- B).




ITpouzeoonas

PdyHKUHSA, f(x) IIpousBoaHada, f(x) PyHKIHA, f(X) IIpousBoaHada, f(x)
A (const), AER 0 sin x cos X
kx+b, keR, bER k, KeER CoS X -sinx
x? 2x cos*x - sin 2x
x", neN nx"', neN sin?x sin 2x
1 L x .
P 2 e e
1
—-,nEN —%,HEN a*® a*lna
X X
1 1
Yx,nenN ———,NnEN Inx —
nv x x
Jx b log,, x 1
x 2/x ¢ xlna
1 1 _ 1
- - arcsin x T
Jx 2x~x V1-x?
1
x%, a€ER ax®', a€R arccos x Y
V1-x?
t L t L
x arctg x
J cos’ x J 1+ x>
t ! t L
ctg x - arcctg x -
J sin® x J 1+ x>
ITpaeuna ougpgepernyupoearus
1. (u+v) =u +v; N
' ' ) v U2 ’
2. (Cu) =C-u; ' , ,
, , , u)y u-v-u-v
3. (uv) =u -v+uv; 5. 15)° 2

ITpou3eooHast cnoXKHOU PYHKUUU

!
(h(f(x))) =R'(f(x))- £'(x)
T'eomempuueckuili cmblenr NPOU3BOOHOT COCTOUT B TOM, YTO 3HAYEHHE ITPOU3BOAHON (PYHKIIMH B

TOYKE X, PAaBHO YTAOBOMY KO3(P(PUIIHEHTY KacaTeAbHOH (TaHTeHCY yraa ), IIPOBEAECHHOH K
rpaduKky PyHKIIUH B TOYKE C aOCIITUCCOH Xo.

k=f(x,)=tga
Ypaenenue kacamenvHou Kk 2pagurxy pyHrxyuuu f{x) e mouke c abcyuccoil xo:
y=fx,)x-x,)+ f(x,)

DusuuecKuil cmblCsl NPOU3BOOHOU COCTOUT B TOM, UYTO IIPOMU3BOAHAA OT KOOPAWHATHI IIO
BPEMEHU €CTh M2HOBEHHAS CKOPOCMb:

Ecau B Touke X, Tpou3BoaHasd (PyHKIIUHU f(x) Ecau B Touke X, Ipou3BoaHad (PYHKIIUHU f(x)
MEHJIET 3HAaK C «+t» Ha «—», TO Xo — MourKa MEHJIET 3HaK C «—» Ha «t», TO Xo — Mmourxa
maKcumyma pyHkuuu fix). MUHUMYMA pyHKUUU [(X).

F(x) V N F(x) V N
) TN ) >~ " 7




AozapugpmuuecKue ypaeHeHUsl U HepaseHCcMea

flx)=glx),
1. log, f(x)=log, g(x) < {f (x) >0,
g(x)>o.
flx)=glx)
a(x)>0
2. 10g,,() f(x) = log, g(x) < alx)#1
[f x)>0
g(x)>0
flx)>0,
3.1log, f(x)>0 < {(a 0 -1)> .
flx)>o0,
4.log, f(x)<0 < {(a C1)f(x)-1) <O0.

a(x)> 0,
5. log,(,) f(x)>0 < < f(x)>0,

(alx)-1)(f(x)-1)> 0.

6. log,, f(x)<0 <

7. 010G,y fx)>0

8. log,(y) fx)<0 <

a(x) >0,
10. log,(,) f(x) < log,(, g(x) < g((;c)):(()):
(alx)-1)f(x)-g(x)) <0
a(x)> 0,
a(x)#1,
11.log,,, f(x) > log,, 9(x) < {f(x)>0,
g(x)>0,
(alx) = 1)(f(x) - g(x))> 0
h(x)> 0,
h(x) =1,
o tigte-1
flx)-1)glx)-1
12. logh(x) f(x) . logp(x) g(x) <0< (h(x)— 1)(p(x)— 1) <0
plx)#1,
70> 0,
g(x) > 0.
h(x)> 0,
h(x) =1,
pEx; >0,
plx)#1,
13. izgh@c) fg; 20 e §f(x)>0,
9 p(x) 9 g(x) >0,
g(x)=1,
(f(x) - 1) >0
(h(x)-1)p(x)-1g(x)-1) ~




